Abstract. We consider the coefficients in the series expansion at zero of the Weierstrass sigma function σ(z) = z
Theorem 2.1 (Weierstrass recursion, see [1] ). We have a i,j = 3(i + 1)a i+1,j−1 + 16 3 (j + 1)a i−2,j+1 − 1 3 (4i + 6j − 1)(2i + 3j − 1)a i−1,j (3) for i 0, j 0, (i, j) = (0, 0), and a 0,0 = 1; a i,j = 0 for i < 0 or j < 0.
This theorem follows from (1) . Let us note that it determines all the coefficients a i,j .
Hurwitz series expansion ring
We say that ϕ(z) is a Hurwitz series over the ring R and write ϕ(z)
We have Z[
Corollary 3.2 (from 2.1). σ(z) ∈ HZ[
Proof. The article [3] states that σ(z) ∈ HZ[
for the sigma-function of the general Weierstrass model of the elliptic curve
. We get the curve (2). Thus σ(z) ∈ HZ[
Therefore in (3) we have a i,j ∈ Z.
Divisibility hypothesis
Let ν p (·) denote p-adic valuation. Set
Proof. As
and for p = 3 we have
Corollary 4.3. If Hypothesis 4.2 holds, the ring Z[
, 6g 3 ] solves problem 3.1.
Numerical calculations
The coefficients a i,j grow fast. We have, for example, the prime factorisation
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